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ABSTRACT: Photon bunching in incoherent cathodoluminescence (CL)
spectroscopy originates from the fact that a single high-energy electron can
generate multiple photons when interacting with a material, thus, revealing
key properties of electron−matter excitation. Contrary to previous works
based on Monte Carlo modeling, here we present a fully analytical model
describing the amplitude and shape of the second order autocorrelation
function (g(2)(τ)) for continuous and pulsed electron beams. Moreover, we
extend the analysis of photon bunching to ultrashort electron pulses, in which
up to 500 electrons per pulse excite the sample within a few picoseconds. We
obtain a simple equation relating the bunching strength (g(2)(0)) to the
electron beam current, emitter decay lifetime, pulse duration, in the case of
pulsed electron beams, and electron excitation eﬃciency (γ), deﬁned as the probability that an electron creates at least one
interaction with the emitter. The analytical model shows good agreement with the experimental data obtained on InGaN/GaN
quantum wells using continuous, ns-pulsed (using beam blanker) and ultrashort ps-pulsed (using photoemission) electron beams.
We extract excitation eﬃciencies of 0.13 and 0.05 for 10 and 8 keV electron beams, respectively, and we observe that nonlinear
eﬀects play no compelling role, even after excitation with ultrashort and dense electron cascades in the quantum wells.
KEYWORDS: cathodoluminescence, photon statistics, autocorrelation measurements, bunching, quantum wells
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a complete and quantitative analysis of electron microscopy
experiments.
All CL bunching experiments performed so far have been
described using Monte Carlo-based numerical models,
showing good agreement with the measured g(2)(τ) curves
and the dependence of g(2)(0) on the electron current.
However, Monte Carlo models are time-consuming and fail to
provide a full understanding of the bunching process and the
key parameters that determine its amplitude. Moreover, ﬁtting
the experimental data with a Monte Carlo model is complex
and requires additional computation and interpolation
procedures, thus making the g(2)(τ) analysis less accessible.
In addition to this, so far, CL autocorrelation measurements
have been limited to the cases of continuous and ns-pulsed
electron beams. Recently, ultrafast electron microscopy using
fs−ps electron pulses as excitation sources has emerged as a
powerful technique to access the dynamics of electron
excitation of materials with high temporal resolution,

hoton statistics in incoherent cathodoluminescence (CL)
reveals fundamental properties of the interaction of highenergy electrons (∼1−300 keV) with matter.1 In particular, the
second-order autocorrelation function (g(2)(τ)) exhibits strong
bunching (g(2)(0) ≫ 1) when exciting a material, such as a
semiconductor or insulator, with an electron beam,1−3 contrary
to conventional photoluminescence measurements with laser
excitation (typically g(2)(0) = 1).4 This is because each electron
initially excites bulk plasmons in the material, which end up
generating thermalized carriers that diﬀuse and recombine.
This recombination can lead to either the emission of a photon
with energy corresponding to the bandgap of the material
(bimolecular recombination) or to the excitation of another
emitter embedded in the material, such as a defect or quantum
well, which can then decay radiatively. Either cases can result
in the emission of multiple photons per incoming electron.5
Recently, g(2)(τ) measurements have been used to quantify the
excitation eﬃciency of electrons in InGaN/GaN quantum
wells (QWs) with diﬀerent geometries.6,7 The excitation
eﬃciency is deﬁned as the probability of an electron to
interact with the emitter, in that case, the QWs. Moreover, the
g(2)(τ) technique allows to extract the emitter decay dynamics
without the need of a pulsed electron beam.1 These new
insights into the use of g(2)(τ) measurements in CL are key for
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Figure 1. (a) Cathodoluminescence (CL) spectrum of InGaN/GaN quantum wells (QWs) obtained with a continuous 10 keV beam (242 pA).
Inset: schematic of the InGaN/GaN heterostructure overlaid with the results from Monte Carlo simulations of the electron trajectory inside the
sample, perfomed using the Casino software.21 Each curve indicates the trajectory of one electron, and the color bar indicates the energy of the
electron at each position. (b) Schematic of the CL collection and analysis using a Hanbury−Brown and Twiss (HBT) experiment. (c) Schematic of
the expected histograms obtained using the HBT experiments using continuous (left) and pulsed (right) electron beams.

that, in the case of a pulsed electron beam, the excitation
eﬃciency can be obtained alternatively through a simple
analysis, without the need of any ﬁtting procedure. Our
analysis of the g(2)(τ) function shows that even for dense
cascades generated by 500 electrons per pulse (i.e., within a
few picoseconds) nonlinear eﬀects do not have a compelling
contribution in the excitation and carrier recombination of
InGaN/GaN QWs.

combined with the nanoscale electron-beam spatial resolution.8−10 Ultrafast electron microscopy has already been used
to study electron-generated carrier dynamics11,12 and phase
transitions,13,14 among others. Additionally, the development
of techniques such as photon-induced near-ﬁeld microscopy
(PINEM) has exploited the quantum nature of the electron
wave packet,15,16 thus, leading the way to the study of
quantum-mechanical aspects of electron−light−matter interactions inside an electron microscope. Autocorrelation
measurements, such as g(2)(τ), using ultrashort electron pulses
can oﬀer new insights into the dynamics of the excitation of a
material with dense electron pulses.17
In this paper, we resolve the above-mentioned limitations of
current g(2)(τ) analyses that use Monte Carlo simulations. We
develop a fully analytical model to describe the value of g(2)(0)
as a function of four experimental parameters for three
diﬀerent electron beam conﬁgurations. Our analytical model
describes how the electron current (or number of electrons per
pulse), emitter lifetime, excitation eﬃciency, and pulse
duration, in the case of pulsed electron beams, determine the
value of g(2)(0). Using our analysis, we directly extract the
electron excitation eﬃciency γ, deﬁned as the fraction of
electrons that create at least one interaction with the emitter,6
from one simple equation. We also show that our model
reproduces the Monte Carlo simulations developed in previous
work.
In order to further test the validity of the model, we perform
g(2)(τ) experiments on InGaN/GaN quantum wells with both
continuous and pulsed electron beams. In particular, we study
two types of pulsed electron beams: with relatively long (up to
200 ns) and ultrashort (a few ps) pulse durations. In the case
of ultrashort pulses, we vary the number of electrons per pulse
from (on average) less than 1 up to ∼500, thus, allowing us to
access regimes in which several electrons interact with the
sample within the bulk plasmon decay and carrier thermalization time scales. Here, our analytical model shows that
g(2)(0) depends only on the number of electrons per pulse and
the excitation eﬃciency. From the model it can also be derived

■

EXPERIMENTAL SECTION

Cathodoluminescence experiments are performed in a
scanning electron microscope (SEM) equipped with a
parabolic mirror that collects the emitted light. The statistics
of CL emission are analyzed using a Hanbury−Brown and
Twiss (HBT) geometry,18 composed of a 50:50 beam splitter
(BS) and two avalanche photodiodes (APDs) as single-photon
counting detectors (Figure 1b). Experiments with varying
pulse widths (6−200 ns) are performed using an electrostatic
electron beam blanker. Ultrashort pulses, with pulse widths of
a few picoseconds, are obtained by focusing a fs-laser (λ = 258
nm) onto the electron cathode, inducing photoemission of
electron pulses.19,20 All of our experiments are performed at
room temperature.
We study a bulk semiconductor heterostructure of InGaN/
GaN quantum wells, grown by molecular beam epitaxy.6 A
schematic of the structure is shown in the inset of Figure 1a.
The sample consists of 10 2 nm thick InGaN layers, separated
with 15 nm GaN layers. A 2 nm AlGaN barrier layer is grown
on top of the quantum well stack, and the whole structure is
buried below a 250 nm thick p-type GaN layer. The substrate
is composed of n-type GaN. The inset also shows the results of
Monte Carlo simulations of the trajectory of a 10 keV electron
beam inside the sample, performed using the Casino
software.21 Each dot in the plot represents a collision of the
primary electron with the sample, which can lead to the
excitation of one or more bulk plasmons. The color of the dot
indicates the energy of the primary electron beam at that point.
The results show that only a small fraction of the electrons will
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directly reach the QWs, as previously shown using g(2)(τ)
measurements.6 Moreover, the AlGaN layer acts as a carrier
blocking layer,22 hence, only carriers generated below this layer
can excite the QWs.
Figure 1a shows a typical CL spectrum obtained when
exciting the sample with 10 keV electrons. The emission
originates mostly from the QWs, corresponding to the InGaN
band edge emission peak around 450 nm. Defect luminescence
from the yellow band,23,24 in the 520−650 spectral range, is
barely visible in the spectrum, given that the intensity in this
range is 30 times lower than the QW emission. This is in
accordance with previous CL measurements on this sample,6
and is attributed to the fact that 10 keV electrons do not reach
the GaN substrate, thus, limiting the excitation of carriers in
the bulk GaN. In the HBT experiments we use a bandpass
ﬁlter (450 ± 40 nm) to ensure that only the CL emission from
the QWs is recorded.

negative times, in a symmetric fashion. The additional factor 2
in the denominator accounts for the fact that the number of
possible events decreases for increasing delay following a
triangular function (see S2f in the Supporting Information).
Taking these deﬁnitions into account, eq 1 becomes
(2)
(0) = 1 +
gcont

CONTINUOUS ELECTRON BEAM
A typical g(2)(τ) experiment consists of the acquisition of a
histogram (H(τ)) of the number of coincidence events (i.e., a
correlation) as a function of the delay between two recorded
photons (τ). A schematic of the recorded histogram obtained
after excitation with a continuous electron beam is shown in
Figure 1c (left). In this case, the g(2)(τ) curve is obtained by
normalizing the histogram with respect to the value at very
long delay (τ → ∞), huncorr, which represents the amplitude for
uncorrelated events. Hence,
c

h
H(0)
=1+ c b
H (τ → ∞ )
huncorr

Abc (2B + 1)tB
c
A uncorr
2αb

(2)

The model is constructed following the subsequent steps
that start with an electron entering the material, until a photon
is emitted, similar to the previous Monte Carlo model.1,6 The
steps are as follows:
1. Excitation of bi bulk plasmons in GaN close to the QWs,
described by a Poisson distribution with expected value
b. It should be noted that the number of plasmons
generated per electron will probably be larger than bi,
but here we only consider those that can create carriers
which can excite the QWs, that is, excited within the
carrier diﬀusion length.
2. Decay of each bulk plasmon into mi thermalized carriers,
again described by a Poisson distribution with expected
value m.
3. Diﬀusion of carriers, which can either (a) excite a QW,
which emits a photon. The joint probability of these two
steps is accounted in the parameter η, or (b) not excite a
QW or excite a QW which then decays nonradiatively.
This step is assumed to follow a binomial distribution, with
mi representing the number of events and η probability that an
event results in the emission of a photon.
We should note that here we refer to QW excitation, but the
model can be applied to any other kind of emitter, or simply to
carrier recombination. In the case of a thin sample and high
electron energy, such as in transmission electron microscopy
(TEM) experiments, the average number of bulk plasmons (b)
deﬁned in step 1 corresponds to the ratio between the
thickness and the electron mean free path.1,31 In the case of
thicker samples, b takes into account the probability that
carriers and, in particular, minority carriers, created after
electron excitation actually reach the emitter. It therefore
depends on the sample geometry and diﬀusion length of
minority carriers, as will be seen further in the text.
A key aspect of our g(2)(0) model is that it accounts for the
combined stochastic nature of all the involved processes. The
model is therefore based on the calculation of the average
possible combinations of pair-correlation events that lead to
bunching (Acb) and to uncorrelated events (Acuncorr). A full
derivation of the model is provided in the Supporting
Information (S2). In brief, from step 2 and 3 we obtain that
the average number of possible combinations of paircorrelation events created after the excitation of bi bulk
plasmons is given by b2i m2η2. We then need to ﬁnd the average
number of combinations of correlations between pairs of
photons from the same electron (i.e., ignoring pair-correlation
events created by photons from diﬀerent electrons), taking into
account that bi follows a Poisson distribution. Given n
electrons arriving at the sample during the time of the
experiment T, the average number of combinations of paircorrelation events leading to bunching becomes

■

g(2)(0) =

Article

(1)

where hcb is the amplitude of the bunching peak, as depicted in
Figure 1c. g(2)(0) can be interpreted as the likelihood of having
two photons with delay τ = 0 compared to any other delay. In
the case of Poissonian statistics, such as for coherent light,
g(2)(τ) = 1 for any delay,4 while g(2)(0) < 1 indicates subPoissonian statistics (antibunching), as in the case of a singlephoton emitter,25,26 while g(2)(0) > 1 represents superPoissonian statistics (bunching). Some examples of processes
in which bunching occurs are blackbody radiation27,28 and
superradiance,29,30 as well as the CL emission presented here.
From a statistical point of view, hb is related to the total
number of correlations (deﬁned as the detection of two
photons) leading to bunching, that is, coming from the same
electron, while hcuncorr represents the uncorrelated events, that
is, correlations between photons that are generated by diﬀerent
electrons.
The temporal decay of the bunching peak is determined by
the radiative decay of the emitter and enables determination of
the emitter lifetime, as will be explained below. The area of the
bunching peak, related to the height as Acb = αbhbc , is
proportional to the average number of possible combinations
between pairs of photons that lead to bunching, that is, that
come from the same electron. Here we have deﬁned αb as the
shape factor of the bunching peak. Similarly, the area Acuncorr is
related to the mean number of possible combinations of
photon correlations from diﬀerent electrons, that is, uncorrelated events, during the acquisition time of the experiment T =
BtB. Here B is the total number of bins in the experiment and tB
is the time of each bin. From this it follows that Acuncorr =
hcuncorr(2B + 1)tB/2. The factor 2B + 1 comes from the fact that
the g(2)(τ) histogram is theoretically built over positive and

Abc = nb(b + 1)m2η2

(3)

Similarly, it can be shown that the expected value of the
number of combinations of pair-correlation events leading to
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we should apply eq 7 to extract the emission dynamics from
the g(2)(τ) measurement. Equations 5 and 7 can now be
directly used to ﬁt experimental data of g(2)(τ) versus beam
current, to determine b and, hence, γ, thus, providing essential
information on the electron beam excitation eﬃciency in
incoherent CL excitation.
Figure 2a shows a selection of g(2)(τ) measurements of the
QW sample at diﬀerent electron currents, all obtained using a

uncorrelated events, that is, pairs of photons coming from
diﬀerent electrons, is (see S2b)
c
A uncorr
= n(n − 1)b2m2η2

(4)

We now insert eqs 3 and 4 into eq 2, and rewrite n as a
function of the electron current, I = nq/(Btb), where q is the
electron charge. We also consider the limit B ≫ 1, which is
reasonable given that the acquisition time is typically minutes
or more, while the time resolution is usually less than 1 ns. We
then obtain the following expression for the amplitude of
g(2)(τ) at 0 delay:
(2)
(0) = 1 +
gcont

q b+1
Iα b b

(5)

Several aspects are noticeable from eq 5. First of all, we can
see that the value of g(2)(0) is inversely proportional to the
electron beam current, which is in agreement with previous
experimental results.1,2,6 This can now be understood from the
fact that the amplitude of the bunching peak scales linearly
with the number of electrons reaching the sample (eq 3), as it
depends on the number of correlations between photons from
the same electron. Instead, the background scales quadratically
(eq 4), since it depends on the events created by photons from
diﬀerent electrons.
Second, eq 5 shows that g(2)(0) does not depend on the
number of carriers generated per bulk plasmon m, nor on the
eﬃciency of these carriers to excite a QW or the quantum
eﬃciency of the QW (both processes included with η). The
only relevant parameter is the number of bulk plasmons
created close to the QWs (b). This is in agreement with the
fact that g(2)(τ) measurements are independent of the absolute
intensity incident on the detectors, as long as the statistics of
the emission process is preserved.4 Notice that even in the case
b = 1, that is, on average one bulk plasmon per electron
interacts with the QWs, g(2)(0) > 1 due to the stochastic nature
of the plasmon excitation process. It follows from eq 5 that the
bunching contribution to g(2)(0) increases with decreasing b,
given that decreasing the number of interacting plasmons
generated per electron would have a similar eﬀect as decreasing
the current. Given the Poissonian nature of the bi parameter,
the average number of interacting bulk plasmons b is related to
the probability of creating at least one interaction (bulk
plasmon) close to the emitter,6 deﬁned as
γ = 1 − Poiss(0; b) = 1 − e−b

Figure 2. g(2)(τ) measurements with a continuous electron beam. (a)
g(2)(τ) experiments obtained for diﬀerent electron currents, with an
electron energy of 10 keV. The points represent the data and the solid
lines the ﬁt. (b) Fits of g(2)(0) − 1 vs electron current obtained from
the curves in (a). The black solid line is the ﬁt obtained using eq 5,
from which a value of γ = 0.13 is obtained. The error bars represent
the uncertainty in the measured value of the electron current
(horizontal) and ﬁt errors (vertical).

continuous 10 keV electron beam. The time binning in all
measurements is set to tb = 512 ps. At the lowest current (2.8
pA), g(2)(0) = 12.6 is obtained, while the value of g(2)(0)
strongly decreases for increasing current. The curves cannot be
properly ﬁtted with a simple exponential decay, probably due
to multiple decay processes taking place simultaneously.
Instead, the emitter decay (yemitter(t)) can be described with
a stretched exponential, given by

(6)

where γ can be interpreted as the excitation eﬃciency of the
electron in the given material geometry.
Finally, the value of g(2)(0) also depends on the shape of the
bunching curve (hb(τ)), which is represented by the
dependence on αb. Given an emitter decay yemitter(t), it can
be shown that the number of correlations between photons
emitted with a delay τ is proportional to (see S4a in the
Supporting Information)
h b( τ ) =

∫0

yemitter (t ) = y0 e−(t / τemitter)

βemitter

(8)

with parameters τemitter representing the average emitter
lifetime and βemitter is the deviation from a pure exponential
decay.32 This is further conﬁrmed by direct measurements of
the decay statistics of the QWs (see S4c). In this case, the
shape of g(2)(τ) does not give directly the emitter decay
properties, but we need to ﬁt the data with eq 7, which can be
solved numerically. The solid lines in the ﬁgures correspond to
the ﬁts, from which we obtain an emitter lifetime of τemitter =
10.65 ± 0.32 ns and βemitter = 0.76 ± 0.01.
In order to compare the experimental results with the
analytical model, Figure 2b shows the value of g(2)(0) − 1,
obtained from the ﬁts of each curve, as a function of electron
current. The horizontal error bars indicate the uncertainty in

∞

yemitter (t )yemitter (t + τ )dt

Article

(7)

In the case that the emitter decays as a simple exponential
with lifetime τemitter, hb(τ) is an exponential with τemitter, and
thus, the decay of the g(2)(τ) curve directly gives the emitter
decay. In this case, the relation between the area and the height
of the bunching peak is αb = 2τemitter (see S2g in the Supporting
Information). In the case of more complex decay mechanisms,
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component, contrary to the case of the uncorrelated
component. The time between photons is only determined
by the emitter lifetime, and Apb = αbhpb, where hpb is the height of
this peak.
Taking into account the shape factors, and calculating the
average number of possible combinations of pair-correlations
events for bunching (Apb) and uncorrelated (Apuncorr,i) events in
an analogous way as in the continuous case (see S3 in the
Supporting Information for a full derivation), we obtain that
for pulsed excitation

measuring the electron current, while the vertical errors are
derived from the ﬁtting procedure. We observe that the value
of g(2)(0) − 1 exhibits a linear decrease (on a log−log plot)
with slope −1, as predicted by eq 5. The shape factor αb is
calculated numerically from the solution of eq 7 using the
derived values of τemitter and βemitter, thus, becoming αb = 25.04.
Therefore, we can extract b from eq 5. We obtain the best ﬁt
for b = 0.13, which yields an excitation eﬃciency of γ = 0.13 ±
0.01, meaning that on average, only 13 out of 100 electrons
actually interact with the QWs. This low interaction between
the electrons and the QWs is attributed to the fact that at 10
keV most electrons lose their energy before arriving to the
QWs, as shown in Figure 1b and discussed in ref 6. Moreover,
the carriers generated on the top GaN layer cannot reach the
QWs, due to the presence of the AlGaN blocking layer on top
of the QWs. For reference, we also show in the Supporting
Information (section S1) that the results from the model are in
excellent agreement with those obtained with the Monte
Carlo-based approach proposed in previous works,1,6 conﬁrming that our model serves as an eﬀective analytical version of
the Monte Carlo one.

(2)
(0) = 1 +
g pulsed

αconv b + 1
αb neb

(9)

We observe that the expression for g(2)(0) for a pulsed beam
is very similar to the one for the continuous case (eq 5). Here,
g(2)(0) is inversely proportional to the number of electrons per
pulse, which is related to the electron beam current through ne
= I/qF, with F being the repetition rate. The dependence of
g(2)(0) on the average number of bulk plasmons that interact
with the sample (b) is exactly the same as for a continuous
electron beam, showing that the pulsed g(2)(τ) measurement
fundamentally probes the interaction of electrons with the
sample in the same way. The main diﬀerence between the
continuous and pulsed cases is the factor αconv: in the pulsed
case, the g(2)(0) depends also on the shape of the electron
pulse. From the derivation of g(2)(0) (section S3), it also
follows that now we can simply divide the area of the peak at τ
= 0 by the area of any other peak at τ ≠ 0 to obtain the
excitation eﬃciency:

■

PULSED ELECTRON BEAM
g(2)(τ) experiments can also be performed using pulsed
electron beams, which can oﬀer advantages such as lower
acquisition times and simpler analysis, as will be discussed
below. In this conﬁguration, the photon emission dynamics is
shaped by the temporal spread of electrons, and thus, a
modiﬁed model needs to be developed. A schematic of the
histogram obtained in an HBT experiment in pulsed
conditions is shown in Figure 1c (right). In contrast to the
continuous case, here the histogram is composed of a peak at τ
= 0, containing correlations between photons from the same
electron pulse, and peaks at delays corresponding to the time
between pulses (τi = i/F, with i being an integer number and F
the repetition rate). The latter correspond to correlations
between photons from consecutive pulses (i = ±1), from every
second pulse (i = ±2) and so on. These peaks are thus
analogous to the background (Acuncorr) in the continuous case.
The derivation of the model for the pulsed case is similar to
the one for the continuous one, with the main diﬀerence being
the shape factor of the bunching (τ0) and uncorrelated (τi, i ≠
0) peaks. Given that the peaks at τi (i ≠ 0) contain correlations
between photons from diﬀerent pulses, their shape is
determined by both the electron pulse and emitter decay, as
explained in S4 in the Supporting Information. The ratio
between the area (Apuncorr,i) and the height (huncorr,i) of any of
these peaks is given by Apuncorr,i = αconv huncorr,i. αconv is thus a
shape factor, which will depend on the particular shape of the
electron pulse and emitter decay.
The peak centered at τ = 0, accounts for correlations
between photons from the same pulse, and has two
components (Ap0 = Apuncorr,0 + Apb). The ﬁrst component
corresponds to correlations between photons from the same
pulse, but diﬀerent electrons, and therefore has a shape factor
αconv. The second component corresponds to correlations
between photons from the same electron, which is what
constitutes the bunching. Similar to the continuous case, we
can consider that all the excitations take place instantaneously,
given that the time scale of bulk plasmon decay and carrier
diﬀusion (typically in the fs/ps regime)5 is much smaller than
the emitter lifetime (hundreds of ps or ns). Therefore, the
shape of the electron pulse does not play a role in this

p
Abp + A uncorr,0
p
A uncorr,
i

=1+

1 − log(1 − γ )
b+1
=1+
neb
ne log(1 − γ )
(10)

In this case we do not need any ﬁtting procedure nor prior
knowledge of electron pulse shape or emitter decay, thus
making the analysis even simpler. This becomes particularly
useful when having small signal-to-noise ratios or nontrivial
emitter decays or electron pulse shapes, in which cases ﬁtting
becomes challenging.
In order to test the model for the pulsed case, we performed
experiments using an ultrafast beam blanker, in which a set of
electrostatic plates is inserted inside the electron column. One
of the plates is driven using a pulse generator, which is set to
send a square signal with peak-to-peak voltage of 5 V and oﬀset
2.5 V, while the other plate is grounded. This conﬁguration
allows us to obtain eﬀectively square electron pulses with pulse
width (Δp) determined by the repetition rate F and duty cycle
D. A characterization of the electron pulses is shown in the
Supporting Information (S6a). In our experiments we kept the
duty cycle ﬁxed at D = 95% and varied the repetition rate from
0.2 to 6 MHz, resulting in pulse widths ranging from 200 ns
down to 6 ns. Notice that an even smaller pulse width, down to
30 ps, can be obtained using the same ultrafast blanker in a
diﬀerent conﬁguration,19 but long pulse widths were chosen to
show their eﬀect on the amplitude and shape of the bunching
peak. The current in continuous mode (i.e., without blanking)
was kept constant (I = 214 pA) for all experiments, therefore,
changing the repetition rate results in a varying number of
electrons per pulse, that is,
ne =
920

I 1 − D/100
I
= Δp
q
F
q

(11)

https://dx.doi.org/10.1021/acsphotonics.0c01939
ACS Photonics 2021, 8, 916−925

ACS Photonics

pubs.acs.org/journal/apchd5

Article

corresponding to Δp = 500 ns (637 electrons per pulse). The
full shape of the uncorrelated peak can be observed in the right
inset of Figure 3a, showing the peak around delay 0 and the
ﬁrst consecutive peak (τ1 = 1/F).
The value of g(2)(0) − 1 as a function of the number of
electrons per pulse is shown in Figure 3b, which has been
derived from the ﬁts in Figure 3a. We observe that the
bunching decreases with increasing number of electrons per
pulse, as expected, but contrary to what we observed in the
continuous case, the data does not exhibit a linear trend (on
the log−log plot). This is due to the fact that in this
comparison we are changing αconv in each measurement. For a
ﬁxed beam current, large pulse widths correspond to a higher
number of electrons per pulse. So, while we expect decreasing
value of g(2)(0) with electrons per pulse, the factor αconv also
becomes larger, thus, eﬀectively increasing g(2)(0). The model,
which accounts for this eﬀect, shows a good agreement with
the data. We can therefore extract an excitation eﬃciency of γ
= 0.05. The fact that a lower γ is found here compared to the
continuous case is fully consistent with the fact that the pulsed
experiments were performed with an electron energy of 8 keV
instead of 10 keV. This choice of lower electron energy allows
us to achieve relatively high g(2)(0) amplitudes despite having a
high current on the sample (214 pA) due to the blanking
conditions. At this lower electron energy, most bulk plasmons
are generated in the top GaN layer, resulting in fewer
excitations close to the quantum wells. The spectrum of the
QWs and the Monte Carlo simulations of the electron beam
trajectory at 8 keV is provided in the Supporting Information
(section S7). Additionally, we can derive the excitation
eﬃciency using eq 10 by simply dividing the area of the
bunching peak by the area of any other peak from which we
obtain γ = 0.06, which is in good agreement with the value
found using the ﬁtting procedure.

Figure 3a shows a selection of g(2)(τ) curves centered around
the peak at delay 0. The solid lines are the ﬁts of the data,

Figure 3. g(2)(τ) measurements with a ns-pulsed electron beam. (a)
g(2)(τ) experiments obtained by changing the electron pulse width Δp,
which leads to a change in the number of electrons per pulse. In this
case the electron energy is 8 keV. The points represent the data and
the solid lines the ﬁt. Insets: (left) schematic of the beam blanking
conﬁguration, (right) example of a g(2)(τ) measurement shown for a
wider delay time range, thus showing the full peak at τ = 0 and the
consecutive peak at τ = 1/F, where F is the repetition rate. (b)
Experimental results of g(2)(0) − 1 vs number of electrons per pulse,
obtained from the ﬁts of the curves in (a). The black solid line
corresponds to the best ﬁt obtained using eq 9, which yields an
excitation eﬃciency of γ = 0.05. The error bars are derived from the
uncertainty in the current measurement (horizontal) and ﬁtting
procedure (vertical).

■

ULTRASHORT PULSES
An extreme case of the model for pulsed g(2)(τ) measurements
is when we have ultrashort electron pulses, that is, in the
picosecond regime. In this case, the electron pulse width is very
small compared to the emitter lifetime, and thus, the factor
accounting for the convolution of both becomes αconv ≃ αb.
Then, eq 9 can be further simpliﬁed to

which correspond to the sum of the solution from eq 7
(assuming a decay following a stretched exponential) and a
convolution between a triangular curve and the same solution
from eq 7. The triangular function comes from the convolution
between two square pulses with pulse width Δp, representing
two electron pulses (see S4 in the Supporting Information).
The best ﬁt of the curves is found for τemitter = 5.40 ± 0.33 ns
and βemitter = 0.56 ± 0.01. The diﬀerence between these values
and the ones found in the continuous experiment (10.7 ns and
0.67, respectively) is attributed to the inhomogeneity of the
sample, which results in emission lifetimes that depend on
sample position (see S8 in the Supporting Information). The
discrepancy could also come from the fact that at 10 keV we
might be probing deeper QWs, which can exhibit diﬀerent
lifetimes. The curve at the lowest number of electrons per
pulse (8 e−/pulse) exhibits the highest amplitude (g(2)(0) =
4.1). In this case, the pulse width (6 ns) is comparable to the
emitter lifetime, and thus, no clear distinction between the
bunching (Apb) and uncorrelated (Apuncorr,0) curves can be
observed. Instead, the g(2)(τ) curve for long pulses show a
small sharp peak, corresponding to the bunching peak, on top
of a broader background, as can be observed in the curve

p

(2)
(0) = 1 +
g ultrashort

A
b+1
= p0
neb
A uncorr, i

(12)

where the only remaining parameters are the number of
interacting bulk plasmons per electron, which can be also
described in terms of excitation eﬃciency (γ), and the average
number of electrons per pulse ne. In this case, the shape of the
bunching peak and, thus, the emitter lifetime, do not
contribute to the amplitude of g(2)(0). Moreover, g(2)(0)
now can be directly obtained from the ratio between the areas
of the diﬀerent peaks, similar to eq 10. Hence, when analyzing
an experiment, we can simply sum all the counts from each of
these two peaks (at τ = 0 and τi = i/F, i = ±1, ±2, ...) and
divide them to directly obtain the value of g(2)(0). In this way,
the analysis to retrieve the excitation eﬃciency from g(2)(τ)
measurements becomes even simpler. We should also notice
that ultrashort pulses are typically achieved by changing the
emission statistics of the electron. For example, in the case of
photoemission of electron pulses, as in the experiments shown
below, the emission of pulses is determined by laser excitation
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data points have been obtained by simply dividing the areas of
the bunching peak by the height of peaks at τi = i/F. The
horizontal error bars represent the uncertainty in current
measurement in pulsed, partially due to instability in the power
of the laser that excites the tip. The vertical error bars are
obtained from the analysis of areas below the peaks. We also
correct for the fact that the number of events decreases at long
delays due to an experimental artifact (see S5). We observe
that the data follows the trend predicted by eq 12, yielding the
best ﬁt for the model for γ = 0.130 ± 0.001, which is in
agreement with the excitation eﬃciency found in the
experiments in continuous mode, in which the same electron
energy was used. This conﬁrms the feasibility of using the
g(2)(τ) analysis with ultrashort electron pulses to obtain the
excitation eﬃciency, thus enabling many applications of g(2)(τ)
spectroscopy in ultrafast electron microscopy.
Even though the data show a linear trend as in the
continuous case, we should note that the electron excitation is
very diﬀerent between the continuous and pulsed cases. In
ultrafast pulsed mode, we are exciting the sample with a large
number of electrons within a very short time (ps), while in the
continuous or beam-blanked cases the average time between
two consecutive electrons was never smaller than hundreds of
ps (600 ps at 260 pA). We expect that bulk plasmons decay
within the ﬁrst tens of fs after electron excitation, initially
creating hot carriers. The thermalization of these carriers
typically occurs within tens of ps.5 Therefore, in the ps-pulsed
g(2)(τ) experiment up to 490 electrons in each pulse excite the
sample within the carrier thermalization time, and in a
relatively small area. This raises the question whether we are
inducing any nonlinear interaction between carriers due, such
as Auger recombination, to high carrier concentrations.
Previous work on InGaN/GaN quantum wells under optical
excitation showed that a high excitation ﬂuence leads to a
decrease in eﬃciency, typically referred to as “eﬃciency
droop”.33 Even though the origin of this eﬀect is still under
discussion, some works attributed this eﬃciency droop to
Auger recombination due to locally induced high carrier
densities.33 Nevertheless, the trend of g(2)(0) with the number
of electrons per pulse exhibits a clear power law, as expected
from the g(2)(τ) model, which neglects nonlinear eﬀects. These
results suggest that nonlinear interactions between carriers do
not play a signiﬁcant role in this case, even at the highest
number of electrons per pulse. This further suggests that the
induced carrier densities are lower than the threshold for Auger
recombination to occur.
To further elucidate this absence of nonlinear eﬀects, Figure
5a shows CL spectra of the QWs obtained at diﬀerent number
of electrons per pulse. The integrated area below the curve (in
the 410−490 nm spectral range) as a function of the number
of electrons per pulse is plotted in the inset of Figure 5a. We
observe a clear linear trend with increasing number of electrons
per pulse. Figure 5b shows the calculated excess carrier density
for a 10 keV electron beam containing 490 electrons. Here we
have assumed a radius of the electron beam of 200 nm,
corresponding to the expected spatial resolution obtained
under our pulsed conditions, calculated using the Fourier
transform method explained in ref 19. We use the Casino
software21 to estimate the number of inelastic collisions of the
electron with the sample. We assume that each collision
corresponds to the generation of a bulk plasmon and generates
three electron/hole pairs.34,35 We observe that the highest
carrier density is in the order of 6 × 1017 cm−3. Previous works

of the electron cathode, instead of conventional thermionic or
Schottky emission. Our derivation of g2(0) is general and does
not assume any particular emission statistics for the electron
beam. In the Supporting Information (section S3e) we show a
complementary derivation for electron pulses obtained with
photoemission.
Figure 4a shows a selection of g(2)(τ) measurements
performed using ultrashort pulses (∼1 ps), obtained by

Figure 4. g(2)(τ) measurements with ultrashort (ps) electron pulses.
(a) g(2)(τ) experiments obtained by changing number of electrons per
pulse, with electron energy of 10 keV. The experimental data is
represented by points, while the solid lines are the ﬁts obtained by
solving eq 7 (with yemitter(τ) being a stretched exponential). Insets:
(left) schematic of the photoemission setup, (right) zoom-out of a
g(2)(τ) measurement, showing that the shape of the uncorrelated
peaks (in this case, τ = 1/F = 200 ns) is now determined only by the
emitter decay. (b) g(2)(0) − 1 vs number of electrons per pulse,
obtained by dividing the area of the bunching peak by the area of any
other peak, as discussed in eq 12. The black solid line corresponds to
the best ﬁt obtained using eq 12, which yields an excitation eﬃciency
of γ = 0.13.

focusing a fs laser into the electron cathode at a repetition
rate of 5.04 MHz.8,20 We chose the conditions for which a
larger number of electrons per pulse can be achieved (up to
490 in this case) at the expense of spatial resolution.19 This
regime allows us to reach the highest possible electron cascade
density, as will be discussed below. The experiments were
performed with an electron energy of 10 keV. The ﬁgure shows
the 0-delay peak for a changing number of electrons per pulse.
We observe that with an average of 1 electron per pulse we
obtain g(2)(0) = 7.25. The right inset in Figure 4a shows a
measurement including also the ﬁrst uncorrelated peak,
centered at τ = 198 ns. We observe that now both the peaks
at τ = 0 and at τ = 1/F have the same shape, determined by the
emitter decay. The solid lines again represent the curves
obtained by ﬁtting with eq 7, given that the emitter decay
follows a stretched exponential. The best ﬁt is obtained for
τemitter = 5.84 ± 0.07 ns and βemitter = 0.751 ± 0.004. Figure 4b
shows the value of g(2)(0) − 1 as a function of the number of
electrons per pulse, together with the ﬁt using eq 12. Here, the
922

https://dx.doi.org/10.1021/acsphotonics.0c01939
ACS Photonics 2021, 8, 916−925

ACS Photonics

pubs.acs.org/journal/apchd5

Article

Carlo simulations were needed, given the simplicity of the
analysis using our model.
In particular, we show that for a pulsed electron beam, the
excitation eﬃciency can be obtained by simply dividing the
areas of the peak at 0 delay by that of any other peak, without
the need of ﬁtting the data. The model is generic and
independent of the sample under study and prior knowledge of
the sample geometry. In order to test the model with
experiments, we have studied InGaN/GaN quantum well
samples, in which we ﬁnd an excitation eﬃciency of 0.13 for 10
keV electrons and 0.05 in the case of 8 keV electrons.
Furthermore, we have presented g(2)(τ) CL measurement
using ultrashort (ps) electron pulses, with the average number
of electrons ranging from less than 1 to ∼500. The
measurements of g(2)(0) as a function of the number of
electrons per pulse exhibit the same trend, as predicted by the
analytical model, suggesting that nonlinear carrier interactions
do not play a role, even at a high number of electrons per
pulse. We model the induced carrier density in the QW sample
and show that it remains lower than typical values for which
nonlinear eﬀects in optical excitation are observed. We foresee
that the analytical model will make g(2)(τ) measurements and
analysis more accessible, thus allowing to get deeper insights
into the fundamentals of electron−matter interaction. Moreover, the g(2)(τ) experiments with ultrashort pulses pave the
way to study photon statistics with dense electron cascades in a
wide range of materials.

Figure 5. (a) Spectra of the QWs obtained when exciting with
ultrashort electron pulses, containing from 1.4 (orange) up to 120
(black) electrons per pulse on average. Inset: integrated signal of the
QW emission as a function of the number of electrons per pulse. The
dashed line corresponds to a linear ﬁt. (b) 2D map of the estimated
excess carrier density in the sample obtained after excitation of 490
electrons with an energy of 10 keV.
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based on optical excitation of InGaN show that Auger
processes only become dominant for carrier densities larger
than 1018 cm−3.36,37 Therefore, the electron-induced carrier
density is below that which would create nonlinear eﬀects.
Moreover, we expect the initial spatial distribution of carriers
to be relatively localized in space after electron excitation,
implying that diﬀusion of carriers plays a larger role than in
optical experiments, in which the spot size is typically larger, as
it is limited by diﬀraction. We note that this is the largest
number of electrons per pulse that we can obtain in our system
at 10 keV. Other pulsed conditions lead to better spatial
resolution and, hence, more conﬁned electron cascades, but at
a much lower number of electrons per pulse (less than tens of
e− per pulse).19 Other works have shown a spatial resolution in
the nm range but in the regime of a few electrons per pulse
and, thus, small electron density.38,39
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CONCLUSIONS
In conclusion, we have presented a full description of g(2)(τ)
autocorrelation measurements in incoherent cathodoluminescence spectroscopy for diﬀerent electron beam conﬁgurations.
We have developed a fully analytical model to explain the
amplitude of bunching (g(2)(0)) as a function of electron beam
current (or number of electrons per pulse), electron excitation
eﬃciency, emitter lifetime, and pulse duration, in the case of
pulsed electron beams. The model highlights the inverse
dependence of the bunching contribution to g(2)(τ) as a
function of electron beam current or number of electrons per
pulse. Moreover, by acquiring a g(2)(τ) curve at a known
electron beam current, we can directly extract the electron
excitation eﬃciency by using a simple equation, and the curve
can be ﬁtted to obtain the emitter lifetime. This is a major step
forward compared to the previous method in which Monte

Complete contact information is available at:
https://pubs.acs.org/10.1021/acsphotonics.0c01939
923

https://dx.doi.org/10.1021/acsphotonics.0c01939
ACS Photonics 2021, 8, 916−925

ACS Photonics

pubs.acs.org/journal/apchd5

Notes

(15) Barwick, B.; Flannigan, D. J.; Zewail, A. H. Photon-Induced
near-Field Electron Microscopy. Nature 2009, 462 (7275), 902−906.
(16) Feist, A.; Echternkamp, K. E.; Schauss, J.; Yalunin, S. V.;
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